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Abstract
Rapid detection of hemorrhage is of major interest to the critical care community, enabling
clinicians to take swift actions to mitigate adverse outcomes. In this paper, we describe a
model that allows rapid detection of the onset of hemorrhage by monitoring the Central
Venous Pressure (CVP). As opposed to prior work in the domain, our model does not
rely on prior availability of a stable physiology of a patient as a baseline of reference, and
it makes generative assumptions on the monitored vital sign. This allows for rapid on-
the-fly personalization to a previously unseen patient’s physiology. This property makes
the proposed approach particularly relevant to e.g. trauma care and other scenarios where
reference hemodynamic data may not be readily available for any new patient. We compare
our model against strong discriminative alternatives and demonstrate its potential utility
through empirical evaluation.

1. Introduction

Hemorrhage, a critical condition associated with substantial blood loss, can lead to hemo-
dynamic instability, multi-organ dysfunction, and death (Gutierrez et al., 2004). Early
detection of hemorrhage is of significance to critical care medicine, as it can help prevent
the loss of significant amounts of blood and subsequent hypovolemic shock, allowing timely
application of treatment within the critical ‘golden hours’, and enabling favorable patient
outcomes (Rivers et al., 2001). However, standard practice relies on monitoring macro-
level indicators of hypovolemia, such as increased heart rate and decreased blood pressure,
and yields noticeable indications only after a large amount of blood loss has already taken
place (Bárdossy et al., 2011). In this study, we develop models aimed at reducing the time
to detection of hemorrhage, hoping that they can guide clinicians in taking proactive steps
to mitigate its adverse consequences in patients.

Technical Significance Prior approaches to the problem of hemorrhage detection in vi-
tal sign time series have predominantly relied upon supervised methods. They have been
facing challenges stemming from a wide diversity of vital sign presentation between indi-
vidual patients, typically addressed by normalizing currently monitored data to baselines of
reference collected from the specific individuals when they were in stable condition (Wertz
et al., 2019). Those approaches may work well in e.g. scheduled surgery scenarios, but do
not scale well to e.g. trauma patients who are rushed to treatment without the luxury of
having stable reference data available. We therefore propose an alternative autoregressive
system for hemorrhage detection that does not depend on an individual’s stable physiologi-
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cal characteristics and instead relies on the instantaneous waveform data for inference. At
the test time, our model allows rapid personalization to data of a previously unseen patient
in order to discern between bleeding and non-bleeding phases of the vital sign trajectory.

Clinical Relevance Hemorrhage is a common experience of patients in trauma or certain
types of surgeries. If not timely discovered and treated, it leads to a substantial risk of mor-
tality and long-term morbidity in survivors (Kauvar and Wade, 2005; Hu, 2004; Mastracci
et al., 2012). However, due to the limitations of the sensitivities of physiological vital signs
used in current medical practice and their bed-side interpretation, the diagnosis of hemor-
rhage and resuscitation are often delayed (Bárdossy et al., 2011). We aim to facilitate early
discovery of hemorrhage during the initial stage of bleeding using the hemodynamic vital
signs collected in bed-side monitoring units. Our results will support more timely treatment
of bleeding patients, guide allocation of relevant clinical resources, and result in improved
patient outcomes.

2. Prior Work

Both the clinical and machine learning communities are gaining interest in the automatic
detection of hemorrhage and subsequent hypovolemic shock. For instance, Falck et al.
(2018) applied deep neural networks with Gated Recurrent Units (Cho et al., 2014) and
dilated causal convolution (van den Oord et al., 2016) to the high-frequency waveform data
of multiple vital signs after normalization with subject-specific baseline characteristics col-
lected during stable state, and achieved Area under Receiver Operating Characteristic Curve
(AUC) greater than 0.9 for 30 minutes into bleeding. In intensive care scenarios, this reliance
on personal baseline normalization may be overly optimistic as we do not have the luxury
of observing the stable physiological characteristics if a patient is already bleeding.

Romero Zambrano et al. (2015) trained Random Forest model with patterns that char-
acterized the sequential changes in the shape of Arterial Blood Pressure (ABP) waveform,
which achieved AUC 0.75 and 0.85 at 1 minute and 5 minute post bleeding onset respec-
tively. Lei et al. (2017) classified the respiration cycles during non-bleeding and bleeding
phases by learning representative clusters of the correlation structures between central ve-
nous blood pressure waveforms observed at the top of the inspiration and bottom of the
expiration phases of each respiration cycle, separately for non-bleeding and bleeding phases.
Their work achieved AUC 0.862 for 30 minutes into bleeding. Guillame-Bert et al. (2014)
used random forest classifiers and regressors for early bleed detection and estimation of the
amount of blood lost from a comprehensive set of multiple high-frequency vitals. They have
demonstrated the ability to reliably detect hemorrhage within a couple of minutes from its
onset. Of further relevance to our work, they found central venous pressure waveform to
be the most impactful vital sign for the task, and emphasized the importance of measuring
timeliness of detection as an operationally important performance metric, besides accuracy
of the classification algorithms that can be quantified with e.g. AUC. In clinical practice,
rapid detection with high recall rates allows bleeding to be identified and treated timely,
while highly specific discrimination attainable at a later time may be less beneficial for effec-
tive clinical intervention. Based on that, we argue that generative or single-class models may
be more naturally tailored to the task of fast detection of hemorrhage than more common
supervised methods, unless the latter are optimized for minimum latency of detection and
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maximum recall, instead of just AUC or accuracy of prediction. We further elaborate on
the importance of rapid detection in Section 6.

Unsupervised methods have been studied and utilized by researchers in bed-side mon-
itoring applications. For instance, Fiterau et al. (2011) proposed a probabilistic model to
predict heart failure alarms by leveraging multiple vital signs in an unsupervised fashion,
thus the model was able to adapt to a patient’s real-time status. Our method is motivated
by a similar idea: by utilizing only the instantaneous physiological state of a patient, the
model should be able to adapt and capture the change to make rapid predictions immediately
without requiring any baseline data from a stable state.

3. Data and Featurization

We utilize a real-world laboratory animal dataset. 21 healthy Yorkshire Pigs were sedated
and surgically retrofitted to measure the Central Venous Pressure (CVP) and other vital
signs. Following the surgery, the pigs were stabilized for a period of 30 minutes (referred to
as the ‘stable’ phase in the paper). Following this, each individual pig was bled at a constant
rate of 20mL/min until mean arterial pressure (MAP) dropped to 30 mmHg (referred to as
the ‘bleeding’ phase). During both the stable phase and the bleeding phase, The CVP
raw waveform data was collected at a frequency of 250Hz which we downsampled to 50Hz
(uniform subsampling with a 20% duty cycle) for all subsequent experiments described in
the paper. Fig 1 demonstrates the Central Venous Pressure Waveform for a single subject
during both the stable and bleeding phase.

3.1. Featurization

• Buffer Window (Xt) : At each time step, we use the observations over the past
10 second window of the raw signal to aggregate statistics required for computing the
features for the model. These statistics include the signal moving average, mt (mean
of the raw signal over the entire Buffer Window) and the signal envelope, et (the
maximum and minimum value of the signal over the buffer period.)

• Regressive Feature Window (Xt): At each instance, we normalize the signal by
subtracting the statistics computed from the current Buffer Window. This involves
subtracting the moving average from the raw signal and dividing the result by the signal
envelope to obtain the standardized signal, x̄t. This standardized signal accumulated
over a period of 1 second is used as the multivariate feature representation (X̄t) for
the proposed model and the High Frequency (HF) baselines.

Note that since the standardization is conducted on-the-fly and uses only the data from
the current Buffer Window, our approach does not need to rely on the baseline physiology
from the stable non-bleeding phase. This deliberate design choice enables our model to be
deployed at test time even if no information about an individual’s baseline physiology is
available as is the case in trauma care scenarios.
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Fig. 1: a) The raw CVP signal of a single subject from 15 minutes preceding bleeding onset to
15 minutes post bleeding onset, with its moving average and envelope. Notice how the moving
average and the envelope changes post the onset of bleeding. We zoom into the waveform data
during a 1-minute time window. b) The CVP signal in a) after normalization with the moving
average and envelope of buffer window.

4. The Proposed Model for Rapid Detection Of Hemorrhage (RaDeOH)

4.1. Emission Model

For each patient in our Training Set, we construct two separate models corresponding to the
the Stable and Bleeding Phase respectively. We call them emission models and train them
in an autoregressive fashion to estimate P (xt+1|X̃t, zt+1,Θ). Here, X̃t are the observations
in the immediately preceding step and Xt+1 is the predicted value of the signal at time step
t+ 1. zt+1 is a binary variable corresponding to whether the model was fit on the bleeding
or the non-bleeding phase and Θ corresponds to the learned model parameters.

Readers familiar with time series modelling would naturally consider the class of Auto-
regressive Moving Average (ARMA) family as an appropriate choice for the emission mod-
els. However, we would like to point out that the assumptions of ARMA may make the
model somewhat sensitive to artifacts. In particular, these models assume P (xt+1|Xt,Θ) ≈
N(f(Θ>Xt), σ

2) with f(.) typically being linear. Since the Normal distribution has un-
bounded support, for maximum a posteriori inference the output is unbounded. We restrict
our model such that the output in expectation is bounded with respect to the immediate
signal history and thus somewhat well behaved, while allowing for non-linear interactions
within the co-variates with the use of multilayer perceptrons.

A question arises on the choice of parameterization for the emission models corresponding
to each unique patient. Unified parameterizations (or architectures) for all the individuals
may be too restrictive, and so at the training time we fit multiple alternative models and
choose the parameterization which leads to empirically the best discriminative performance
on a held out set of observations made for the same training individual.
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X̄t<latexit sha1_base64="3NVgMyfVgvgb/vypRssIOzZJsAE=">AAACBXicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF49RzEOSJcxOepMhs7PLTK8Qlpz9AK/6Cd7Eq9/hF/gbTpI9mMSChqKqm+6uIJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNHGqOTR4LGPdDpgBKRQ0UKCEdqKBRYGEVjC6mfqtJ9BGxOoBxwn4ERsoEQrO0EqP3YDprD3pYa9ccavuDHSVeDmpkBz1Xvmn2495GoFCLpkxHc9N0M+YRsElTErd1EDC+IgNoGOpYhEYP5sdPKFnVunTMNa2FNKZ+nciY5Ex4yiwnRHDoVn2puJ/XifF8NrPhEpSBMXni8JUUozp9HvaFxo4yrEljGthb6V8yDTjaDNa2GI4k6BBTmwy3nIOq6R5UfXcqnd3Wand5xkVyQk5JefEI1ekRm5JnTQIJxF5Ia/kzXl23p0P53PeWnDymWOyAOfrF00Rmc4=</latexit><latexit sha1_base64="3NVgMyfVgvgb/vypRssIOzZJsAE=">AAACBXicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF49RzEOSJcxOepMhs7PLTK8Qlpz9AK/6Cd7Eq9/hF/gbTpI9mMSChqKqm+6uIJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNHGqOTR4LGPdDpgBKRQ0UKCEdqKBRYGEVjC6mfqtJ9BGxOoBxwn4ERsoEQrO0EqP3YDprD3pYa9ccavuDHSVeDmpkBz1Xvmn2495GoFCLpkxHc9N0M+YRsElTErd1EDC+IgNoGOpYhEYP5sdPKFnVunTMNa2FNKZ+nciY5Ex4yiwnRHDoVn2puJ/XifF8NrPhEpSBMXni8JUUozp9HvaFxo4yrEljGthb6V8yDTjaDNa2GI4k6BBTmwy3nIOq6R5UfXcqnd3Wand5xkVyQk5JefEI1ekRm5JnTQIJxF5Ia/kzXl23p0P53PeWnDymWOyAOfrF00Rmc4=</latexit><latexit sha1_base64="3NVgMyfVgvgb/vypRssIOzZJsAE=">AAACBXicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF49RzEOSJcxOepMhs7PLTK8Qlpz9AK/6Cd7Eq9/hF/gbTpI9mMSChqKqm+6uIJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNHGqOTR4LGPdDpgBKRQ0UKCEdqKBRYGEVjC6mfqtJ9BGxOoBxwn4ERsoEQrO0EqP3YDprD3pYa9ccavuDHSVeDmpkBz1Xvmn2495GoFCLpkxHc9N0M+YRsElTErd1EDC+IgNoGOpYhEYP5sdPKFnVunTMNa2FNKZ+nciY5Ex4yiwnRHDoVn2puJ/XifF8NrPhEpSBMXni8JUUozp9HvaFxo4yrEljGthb6V8yDTjaDNa2GI4k6BBTmwy3nIOq6R5UfXcqnd3Wand5xkVyQk5JefEI1ekRm5JnTQIJxF5Ia/kzXl23p0P53PeWnDymWOyAOfrF00Rmc4=</latexit><latexit sha1_base64="3NVgMyfVgvgb/vypRssIOzZJsAE=">AAACBXicbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF49RzEOSJcxOepMhs7PLTK8Qlpz9AK/6Cd7Eq9/hF/gbTpI9mMSChqKqm+6uIJHCoOt+O4W19Y3NreJ2aWd3b/+gfHjUNHGqOTR4LGPdDpgBKRQ0UKCEdqKBRYGEVjC6mfqtJ9BGxOoBxwn4ERsoEQrO0EqP3YDprD3pYa9ccavuDHSVeDmpkBz1Xvmn2495GoFCLpkxHc9N0M+YRsElTErd1EDC+IgNoGOpYhEYP5sdPKFnVunTMNa2FNKZ+nciY5Ex4yiwnRHDoVn2puJ/XifF8NrPhEpSBMXni8JUUozp9HvaFxo4yrEljGthb6V8yDTjaDNa2GI4k6BBTmwy3nIOq6R5UfXcqnd3Wand5xkVyQk5JefEI1ekRm5JnTQIJxF5Ia/kzXl23p0P53PeWnDymWOyAOfrF00Rmc4=</latexit>

Xt
<latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit>

zt<latexit sha1_base64="veR8FOhHeyobmyZijxKZNj0HGsY=">AAAB/3icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF4/xkURIljA76U2GzM4uM71CXHLwA7zqJ3gTr36KX+BvOEn2YBILGoqqbrq7gkQKg6777RRWVtfWN4qbpa3tnd298v5B08Sp5tDgsYz1Q8AMSKGggQIlPCQaWBRIaAXDq4nfegRtRKzucZSAH7G+EqHgDK1099TFbrniVt0p6DLxclIhOerd8k+nF/M0AoVcMmPanpugnzGNgksYlzqpgYTxIetD21LFIjB+Nj11TE+s0qNhrG0ppFP170TGImNGUWA7I4YDs+hNxP+8dorhpZ8JlaQIis8WhamkGNPJ37QnNHCUI0sY18LeSvmAacbRpjO3xXAmQYMc22S8xRyWSfOs6rlV7+a8UrvNMyqSI3JMTolHLkiNXJM6aRBO+uSFvJI359l5dz6cz1lrwclnDskcnK9fiyOXKw==</latexit><latexit sha1_base64="veR8FOhHeyobmyZijxKZNj0HGsY=">AAAB/3icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF4/xkURIljA76U2GzM4uM71CXHLwA7zqJ3gTr36KX+BvOEn2YBILGoqqbrq7gkQKg6777RRWVtfWN4qbpa3tnd298v5B08Sp5tDgsYz1Q8AMSKGggQIlPCQaWBRIaAXDq4nfegRtRKzucZSAH7G+EqHgDK1099TFbrniVt0p6DLxclIhOerd8k+nF/M0AoVcMmPanpugnzGNgksYlzqpgYTxIetD21LFIjB+Nj11TE+s0qNhrG0ppFP170TGImNGUWA7I4YDs+hNxP+8dorhpZ8JlaQIis8WhamkGNPJ37QnNHCUI0sY18LeSvmAacbRpjO3xXAmQYMc22S8xRyWSfOs6rlV7+a8UrvNMyqSI3JMTolHLkiNXJM6aRBO+uSFvJI359l5dz6cz1lrwclnDskcnK9fiyOXKw==</latexit><latexit sha1_base64="veR8FOhHeyobmyZijxKZNj0HGsY=">AAAB/3icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF4/xkURIljA76U2GzM4uM71CXHLwA7zqJ3gTr36KX+BvOEn2YBILGoqqbrq7gkQKg6777RRWVtfWN4qbpa3tnd298v5B08Sp5tDgsYz1Q8AMSKGggQIlPCQaWBRIaAXDq4nfegRtRKzucZSAH7G+EqHgDK1099TFbrniVt0p6DLxclIhOerd8k+nF/M0AoVcMmPanpugnzGNgksYlzqpgYTxIetD21LFIjB+Nj11TE+s0qNhrG0ppFP170TGImNGUWA7I4YDs+hNxP+8dorhpZ8JlaQIis8WhamkGNPJ37QnNHCUI0sY18LeSvmAacbRpjO3xXAmQYMc22S8xRyWSfOs6rlV7+a8UrvNMyqSI3JMTolHLkiNXJM6aRBO+uSFvJI359l5dz6cz1lrwclnDskcnK9fiyOXKw==</latexit><latexit sha1_base64="veR8FOhHeyobmyZijxKZNj0HGsY=">AAAB/3icbVDLSgNBEJyNrxhfUY9eBoPgKeyKoMeAF4/xkURIljA76U2GzM4uM71CXHLwA7zqJ3gTr36KX+BvOEn2YBILGoqqbrq7gkQKg6777RRWVtfWN4qbpa3tnd298v5B08Sp5tDgsYz1Q8AMSKGggQIlPCQaWBRIaAXDq4nfegRtRKzucZSAH7G+EqHgDK1099TFbrniVt0p6DLxclIhOerd8k+nF/M0AoVcMmPanpugnzGNgksYlzqpgYTxIetD21LFIjB+Nj11TE+s0qNhrG0ppFP170TGImNGUWA7I4YDs+hNxP+8dorhpZ8JlaQIis8WhamkGNPJ37QnNHCUI0sY18LeSvmAacbRpjO3xXAmQYMc22S8xRyWSfOs6rlV7+a8UrvNMyqSI3JMTolHLkiNXJM6aRBO+uSFvJI359l5dz6cz1lrwclnDskcnK9fiyOXKw==</latexit>

µt
<latexit sha1_base64="ujkcyjfrVWxFPgJTSI1XbvuKKuU=">AAACAXicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8cqphXaUDbbSbt0Nwm7G6GEnvwBXvUneBOv/hJ/gX/DbZuDbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCTqMaQaBY/RN9wIfEwVUhkKbIejm6nffkKleRI/mHGKgaSDmEecUWMlvyuznulVa27dnYGsEq8gNSjQ7FV/uv2EZRJjwwTVuuO5qQlyqgxnAieVbqYxpWxEB9ixNKYSdZDPjp2QM6v0SZQoW7EhM/XvRE6l1mMZ2k5JzVAve1PxP6+Tmeg6yHmcZgZjNl8UZYKYhEw/J32ukBkxtoQyxe2thA2poszYfBa2aEYFKhQTm4y3nMMqaV3UPbfu3V3WGvdFRmU4gVM4Bw+uoAG30AQfGHB4gVd4c56dd+fD+Zy3lpxi5hgW4Hz9AhEOmAM=</latexit><latexit sha1_base64="ujkcyjfrVWxFPgJTSI1XbvuKKuU=">AAACAXicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8cqphXaUDbbSbt0Nwm7G6GEnvwBXvUneBOv/hJ/gX/DbZuDbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCTqMaQaBY/RN9wIfEwVUhkKbIejm6nffkKleRI/mHGKgaSDmEecUWMlvyuznulVa27dnYGsEq8gNSjQ7FV/uv2EZRJjwwTVuuO5qQlyqgxnAieVbqYxpWxEB9ixNKYSdZDPjp2QM6v0SZQoW7EhM/XvRE6l1mMZ2k5JzVAve1PxP6+Tmeg6yHmcZgZjNl8UZYKYhEw/J32ukBkxtoQyxe2thA2poszYfBa2aEYFKhQTm4y3nMMqaV3UPbfu3V3WGvdFRmU4gVM4Bw+uoAG30AQfGHB4gVd4c56dd+fD+Zy3lpxi5hgW4Hz9AhEOmAM=</latexit><latexit sha1_base64="ujkcyjfrVWxFPgJTSI1XbvuKKuU=">AAACAXicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8cqphXaUDbbSbt0Nwm7G6GEnvwBXvUneBOv/hJ/gX/DbZuDbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCTqMaQaBY/RN9wIfEwVUhkKbIejm6nffkKleRI/mHGKgaSDmEecUWMlvyuznulVa27dnYGsEq8gNSjQ7FV/uv2EZRJjwwTVuuO5qQlyqgxnAieVbqYxpWxEB9ixNKYSdZDPjp2QM6v0SZQoW7EhM/XvRE6l1mMZ2k5JzVAve1PxP6+Tmeg6yHmcZgZjNl8UZYKYhEw/J32ukBkxtoQyxe2thA2poszYfBa2aEYFKhQTm4y3nMMqaV3UPbfu3V3WGvdFRmU4gVM4Bw+uoAG30AQfGHB4gVd4c56dd+fD+Zy3lpxi5hgW4Hz9AhEOmAM=</latexit><latexit sha1_base64="ujkcyjfrVWxFPgJTSI1XbvuKKuU=">AAACAXicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8cqphXaUDbbSbt0Nwm7G6GEnvwBXvUneBOv/hJ/gX/DbZuDbX0w8Hhvhpl5YSq4Nq777ZTW1jc2t8rblZ3dvf2D6uFRSyeZYuizRCTqMaQaBY/RN9wIfEwVUhkKbIejm6nffkKleRI/mHGKgaSDmEecUWMlvyuznulVa27dnYGsEq8gNSjQ7FV/uv2EZRJjwwTVuuO5qQlyqgxnAieVbqYxpWxEB9ixNKYSdZDPjp2QM6v0SZQoW7EhM/XvRE6l1mMZ2k5JzVAve1PxP6+Tmeg6yHmcZgZjNl8UZYKYhEw/J32ukBkxtoQyxe2thA2poszYfBa2aEYFKhQTm4y3nMMqaV3UPbfu3V3WGvdFRmU4gVM4Bw+uoAG30AQfGHB4gVd4c56dd+fD+Zy3lpxi5hgW4Hz9AhEOmAM=</latexit>

Rolling Mean

Buffer Window Signal Envelope Predicted Output 

Standardized Regressive Feature Window

Bleeding Indicator Model Parameters

x
<latexit sha1_base64="459UE4kNxZQkS0pCX7SOD28pFe8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8dW7Ae0oWy2k3btZhN2N2IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4Zua3H1FpHst7M0nQj+hQ8pAzaqzUeOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqd3kcRTiBUzgHD66gBrdQhyYwQHiGV3hzHpwX5935WLQWnHzmGP7A+fwB6wmNDA==</latexit><latexit sha1_base64="459UE4kNxZQkS0pCX7SOD28pFe8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8dW7Ae0oWy2k3btZhN2N2IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4Zua3H1FpHst7M0nQj+hQ8pAzaqzUeOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqd3kcRTiBUzgHD66gBrdQhyYwQHiGV3hzHpwX5935WLQWnHzmGP7A+fwB6wmNDA==</latexit><latexit sha1_base64="459UE4kNxZQkS0pCX7SOD28pFe8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8dW7Ae0oWy2k3btZhN2N2IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4Zua3H1FpHst7M0nQj+hQ8pAzaqzUeOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqd3kcRTiBUzgHD66gBrdQhyYwQHiGV3hzHpwX5935WLQWnHzmGP7A+fwB6wmNDA==</latexit><latexit sha1_base64="459UE4kNxZQkS0pCX7SOD28pFe8=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lE0GPBi8dW7Ae0oWy2k3btZhN2N2IJ/QVePCji1Z/kzX/jts1BWx8MPN6bYWZekAiujet+O4W19Y3NreJ2aWd3b/+gfHjU0nGqGDZZLGLVCahGwSU2DTcCO4lCGgUC28H4Zua3H1FpHst7M0nQj+hQ8pAzaqzUeOqXK27VnYOsEi8nFchR75e/eoOYpRFKwwTVuuu5ifEzqgxnAqelXqoxoWxMh9i1VNIItZ/ND52SM6sMSBgrW9KQufp7IqOR1pMosJ0RNSO97M3E/7xuasJrP+MySQ1KtlgUpoKYmMy+JgOukBkxsYQyxe2thI2ooszYbEo2BG/55VXSuqh6btVrXFZqd3kcRTiBUzgHD66gBrdQhyYwQHiGV3hzHpwX5935WLQWnHzmGP7A+fwB6wmNDA==</latexit> t

<latexit sha1_base64="LTkI1zFVlEMKWRs0PWRvwLaz/ks=">AAAB6HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa8eGzFfkAbymY7adduNmF3IpTSX+DFgyJe/Une/Ddu2xy09cHA470ZZuaFqRSGPO/bWVvf2NzaLuwUd/f2Dw5LR8dNk2SaY4MnMtHtkBmUQmGDBElspxpZHEpshaPbmd96Qm1Eoh5onGIQs4ESkeCMrFSnXqnsVbw53FXi56QMOWq90le3n/AsRkVcMmM6vpdSMGGaBJc4LXYzgynjIzbAjqWKxWiCyfzQqXtulb4bJdqWIneu/p6YsNiYcRzazpjR0Cx7M/E/r5NRdBNMhEozQsUXi6JMupS4s6/dvtDISY4tYVwLe6vLh0wzTjabog3BX355lTQvK75X8etX5ep9HkcBTuEMLsCHa6jCHdSgARwQnuEV3pxH58V5dz4WrWtOPnMCf+B8/gDk+Y0I</latexit><latexit sha1_base64="LTkI1zFVlEMKWRs0PWRvwLaz/ks=">AAAB6HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa8eGzFfkAbymY7adduNmF3IpTSX+DFgyJe/Une/Ddu2xy09cHA470ZZuaFqRSGPO/bWVvf2NzaLuwUd/f2Dw5LR8dNk2SaY4MnMtHtkBmUQmGDBElspxpZHEpshaPbmd96Qm1Eoh5onGIQs4ESkeCMrFSnXqnsVbw53FXi56QMOWq90le3n/AsRkVcMmM6vpdSMGGaBJc4LXYzgynjIzbAjqWKxWiCyfzQqXtulb4bJdqWIneu/p6YsNiYcRzazpjR0Cx7M/E/r5NRdBNMhEozQsUXi6JMupS4s6/dvtDISY4tYVwLe6vLh0wzTjabog3BX355lTQvK75X8etX5ep9HkcBTuEMLsCHa6jCHdSgARwQnuEV3pxH58V5dz4WrWtOPnMCf+B8/gDk+Y0I</latexit><latexit sha1_base64="LTkI1zFVlEMKWRs0PWRvwLaz/ks=">AAAB6HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa8eGzFfkAbymY7adduNmF3IpTSX+DFgyJe/Une/Ddu2xy09cHA470ZZuaFqRSGPO/bWVvf2NzaLuwUd/f2Dw5LR8dNk2SaY4MnMtHtkBmUQmGDBElspxpZHEpshaPbmd96Qm1Eoh5onGIQs4ESkeCMrFSnXqnsVbw53FXi56QMOWq90le3n/AsRkVcMmM6vpdSMGGaBJc4LXYzgynjIzbAjqWKxWiCyfzQqXtulb4bJdqWIneu/p6YsNiYcRzazpjR0Cx7M/E/r5NRdBNMhEozQsUXi6JMupS4s6/dvtDISY4tYVwLe6vLh0wzTjabog3BX355lTQvK75X8etX5ep9HkcBTuEMLsCHa6jCHdSgARwQnuEV3pxH58V5dz4WrWtOPnMCf+B8/gDk+Y0I</latexit><latexit sha1_base64="LTkI1zFVlEMKWRs0PWRvwLaz/ks=">AAAB6HicbVBNS8NAEJ34WetX1aOXYBE8lUQEPRa8eGzFfkAbymY7adduNmF3IpTSX+DFgyJe/Une/Ddu2xy09cHA470ZZuaFqRSGPO/bWVvf2NzaLuwUd/f2Dw5LR8dNk2SaY4MnMtHtkBmUQmGDBElspxpZHEpshaPbmd96Qm1Eoh5onGIQs4ESkeCMrFSnXqnsVbw53FXi56QMOWq90le3n/AsRkVcMmM6vpdSMGGaBJc4LXYzgynjIzbAjqWKxWiCyfzQqXtulb4bJdqWIneu/p6YsNiYcRzazpjR0Cx7M/E/r5NRdBNMhEozQsUXi6JMupS4s6/dvtDISY4tYVwLe6vLh0wzTjabog3BX355lTQvK75X8etX5ep9HkcBTuEMLsCHa6jCHdSgARwQnuEV3pxH58V5dz4WrWtOPnMCf+B8/gDk+Y0I</latexit>

+
<latexit sha1_base64="C1KRzk4o8ogN40tJWpQ6wJcrDds=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjy2Yj+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GtzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu8/jKMIJnMI5eHANNbiDOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPdlWMvw==</latexit><latexit sha1_base64="C1KRzk4o8ogN40tJWpQ6wJcrDds=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjy2Yj+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GtzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu8/jKMIJnMI5eHANNbiDOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPdlWMvw==</latexit><latexit sha1_base64="C1KRzk4o8ogN40tJWpQ6wJcrDds=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjy2Yj+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GtzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu8/jKMIJnMI5eHANNbiDOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPdlWMvw==</latexit><latexit sha1_base64="C1KRzk4o8ogN40tJWpQ6wJcrDds=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBZBEEoigh4LXjy2Yj+gDWWznbRrN5uwuxFK6C/w4kERr/4kb/4bt20O2vpg4PHeDDPzgkRwbVz32ymsrW9sbhW3Szu7e/sH5cOjlo5TxbDJYhGrTkA1Ci6xabgR2EkU0igQ2A7GtzO//YRK81g+mEmCfkSHkoecUWOlxkW/XHGr7hxklXg5qUCOer/81RvELI1QGiao1l3PTYyfUWU4Ezgt9VKNCWVjOsSupZJGqP1sfuiUnFllQMJY2ZKGzNXfExmNtJ5Ege2MqBnpZW8m/ud1UxPe+BmXSWpQssWiMBXExGT2NRlwhcyIiSWUKW5vJWxEFWXGZlOyIXjLL6+S1mXVc6te46pSu8/jKMIJnMI5eHANNbiDOjSBAcIzvMKb8+i8OO/Ox6K14OQzx/AHzucPdlWMvw==</latexit> 1<latexit sha1_base64="sXFiD3LqmvuOTYe+BTyJN7VYf9I=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF4+t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv1+zyOIpzBOVyCBzWowx00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Af22MxQ==</latexit><latexit sha1_base64="sXFiD3LqmvuOTYe+BTyJN7VYf9I=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF4+t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv1+zyOIpzBOVyCBzWowx00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Af22MxQ==</latexit><latexit sha1_base64="sXFiD3LqmvuOTYe+BTyJN7VYf9I=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF4+t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv1+zyOIpzBOVyCBzWowx00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Af22MxQ==</latexit><latexit sha1_base64="sXFiD3LqmvuOTYe+BTyJN7VYf9I=">AAAB6HicbVBNS8NAEJ3Ur1q/qh69LBbBU0lEqMeCF4+t2A9oQ9lsJ+3azSbsboQS+gu8eFDEqz/Jm//GbZuDtj4YeLw3w8y8IBFcG9f9dgobm1vbO8Xd0t7+weFR+fikreNUMWyxWMSqG1CNgktsGW4EdhOFNAoEdoLJ7dzvPKHSPJYPZpqgH9GR5CFn1Fip6Q3KFbfqLkDWiZeTCuRoDMpf/WHM0gilYYJq3fPcxPgZVYYzgbNSP9WYUDahI+xZKmmE2s8Wh87IhVWGJIyVLWnIQv09kdFI62kU2M6ImrFe9ebif14vNeGNn3GZpAYlWy4KU0FMTOZfkyFXyIyYWkKZ4vZWwsZUUWZsNiUbgrf68jppX1U9t+o1ryv1+zyOIpzBOVyCBzWowx00oAUMEJ7hFd6cR+fFeXc+lq0FJ585hT9wPn8Af22MxQ==</latexit>

a)

zt<latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit><latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit><latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit><latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit>

zt�1<latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit><latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit><latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit><latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit>

zt+1
<latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit><latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit><latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit><latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit>

⇥
<latexit sha1_base64="7u599jFDail22KB6Dq4jE78LqDw=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bjw4jFKXpAsYXbSScbMziwzs0JY8g9ePCji1f/x5t84SfagiQUNRVU33V1RIrixvv/tra1vbG5tF3aKu3v7B4elo+OmUalm2GBKKN2OqEHBJTYstwLbiUYaRwJb0fh25reeUBuuZN1OEgxjOpR8wBm1Tmp26yO0tFcq+xV/DrJKgpyUIUetV/rq9hVLY5SWCWpMJ/ATG2ZUW84ETovd1GBC2ZgOseOopDGaMJtfOyXnTumTgdKupCVz9fdERmNjJnHkOmNqR2bZm4n/eZ3UDm7CjMsktSjZYtEgFcQqMnud9LlGZsXEEco0d7cSNqKaMusCKroQguWXV0nzshL4leD+qlx9yOMowCmcwQUEcA1VuIMaNIDBIzzDK7x5ynvx3r2PReual8+cwB94nz93x48Y</latexit><latexit sha1_base64="7u599jFDail22KB6Dq4jE78LqDw=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bjw4jFKXpAsYXbSScbMziwzs0JY8g9ePCji1f/x5t84SfagiQUNRVU33V1RIrixvv/tra1vbG5tF3aKu3v7B4elo+OmUalm2GBKKN2OqEHBJTYstwLbiUYaRwJb0fh25reeUBuuZN1OEgxjOpR8wBm1Tmp26yO0tFcq+xV/DrJKgpyUIUetV/rq9hVLY5SWCWpMJ/ATG2ZUW84ETovd1GBC2ZgOseOopDGaMJtfOyXnTumTgdKupCVz9fdERmNjJnHkOmNqR2bZm4n/eZ3UDm7CjMsktSjZYtEgFcQqMnud9LlGZsXEEco0d7cSNqKaMusCKroQguWXV0nzshL4leD+qlx9yOMowCmcwQUEcA1VuIMaNIDBIzzDK7x5ynvx3r2PReual8+cwB94nz93x48Y</latexit><latexit sha1_base64="7u599jFDail22KB6Dq4jE78LqDw=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bjw4jFKXpAsYXbSScbMziwzs0JY8g9ePCji1f/x5t84SfagiQUNRVU33V1RIrixvv/tra1vbG5tF3aKu3v7B4elo+OmUalm2GBKKN2OqEHBJTYstwLbiUYaRwJb0fh25reeUBuuZN1OEgxjOpR8wBm1Tmp26yO0tFcq+xV/DrJKgpyUIUetV/rq9hVLY5SWCWpMJ/ATG2ZUW84ETovd1GBC2ZgOseOopDGaMJtfOyXnTumTgdKupCVz9fdERmNjJnHkOmNqR2bZm4n/eZ3UDm7CjMsktSjZYtEgFcQqMnud9LlGZsXEEco0d7cSNqKaMusCKroQguWXV0nzshL4leD+qlx9yOMowCmcwQUEcA1VuIMaNIDBIzzDK7x5ynvx3r2PReual8+cwB94nz93x48Y</latexit><latexit sha1_base64="7u599jFDail22KB6Dq4jE78LqDw=">AAAB7XicbVDLSgNBEOz1GeMr6tHLYBA8hV0R9Bjw4jFKXpAsYXbSScbMziwzs0JY8g9ePCji1f/x5t84SfagiQUNRVU33V1RIrixvv/tra1vbG5tF3aKu3v7B4elo+OmUalm2GBKKN2OqEHBJTYstwLbiUYaRwJb0fh25reeUBuuZN1OEgxjOpR8wBm1Tmp26yO0tFcq+xV/DrJKgpyUIUetV/rq9hVLY5SWCWpMJ/ATG2ZUW84ETovd1GBC2ZgOseOopDGaMJtfOyXnTumTgdKupCVz9fdERmNjJnHkOmNqR2bZm4n/eZ3UDm7CjMsktSjZYtEgFcQqMnud9LlGZsXEEco0d7cSNqKaMusCKroQguWXV0nzshL4leD+qlx9yOMowCmcwQUEcA1VuIMaNIDBIzzDK7x5ynvx3r2PReual8+cwB94nz93x48Y</latexit>

Xt
<latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit>

Xt+1
<latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit><latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit><latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit><latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit>

Xt�1
<latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit><latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit><latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit><latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit>

xt-1<latexit sha1_base64="3s/aYZa6UGob05oE2VDdFc3DN8c=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCG0siBV0W3LisYi/QlDCZnrRDJxdmTqQlZOWDuHarz+BO3IqP4Fs4vSxs6w8DP/85h3Pm8xPBFdr2t7Gyura+sVnYMrd3dvf2iweHDRWnkkGdxSKWLZ8qEDyCOnIU0Eok0NAX0PQHN+N68xGk4nH0gKMEOiHtRTzgjKKOvOLJ0MtcxagAjDN0EYaYXeROnlUSzHOvWLLL9kTWsnFmpkRmqnnFH7cbszSECJmgSrUdO8FORiVyJiA33VRBQtmA9qCtbURDUJ1s8o3cOtNJ1wpiqV+E1iT9O5HRUKlR6OvOkGJfLdbG4X+1dorBdSfjUZIiRGy6KEiFhbE1ZmJ1uQSGYqQNZZLrWy3Wp5Iy1OTmtkxISRC5aWo2ziKJZdO4LDt22bmrlKr3M0oFckxOyTlxyBWpkltSI3XCyBN5Ia/kzXg23o0P43PaumLMZo7InIyvX8oLozw=</latexit><latexit sha1_base64="3s/aYZa6UGob05oE2VDdFc3DN8c=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCG0siBV0W3LisYi/QlDCZnrRDJxdmTqQlZOWDuHarz+BO3IqP4Fs4vSxs6w8DP/85h3Pm8xPBFdr2t7Gyura+sVnYMrd3dvf2iweHDRWnkkGdxSKWLZ8qEDyCOnIU0Eok0NAX0PQHN+N68xGk4nH0gKMEOiHtRTzgjKKOvOLJ0MtcxagAjDN0EYaYXeROnlUSzHOvWLLL9kTWsnFmpkRmqnnFH7cbszSECJmgSrUdO8FORiVyJiA33VRBQtmA9qCtbURDUJ1s8o3cOtNJ1wpiqV+E1iT9O5HRUKlR6OvOkGJfLdbG4X+1dorBdSfjUZIiRGy6KEiFhbE1ZmJ1uQSGYqQNZZLrWy3Wp5Iy1OTmtkxISRC5aWo2ziKJZdO4LDt22bmrlKr3M0oFckxOyTlxyBWpkltSI3XCyBN5Ia/kzXg23o0P43PaumLMZo7InIyvX8oLozw=</latexit><latexit sha1_base64="3s/aYZa6UGob05oE2VDdFc3DN8c=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCG0siBV0W3LisYi/QlDCZnrRDJxdmTqQlZOWDuHarz+BO3IqP4Fs4vSxs6w8DP/85h3Pm8xPBFdr2t7Gyura+sVnYMrd3dvf2iweHDRWnkkGdxSKWLZ8qEDyCOnIU0Eok0NAX0PQHN+N68xGk4nH0gKMEOiHtRTzgjKKOvOLJ0MtcxagAjDN0EYaYXeROnlUSzHOvWLLL9kTWsnFmpkRmqnnFH7cbszSECJmgSrUdO8FORiVyJiA33VRBQtmA9qCtbURDUJ1s8o3cOtNJ1wpiqV+E1iT9O5HRUKlR6OvOkGJfLdbG4X+1dorBdSfjUZIiRGy6KEiFhbE1ZmJ1uQSGYqQNZZLrWy3Wp5Iy1OTmtkxISRC5aWo2ziKJZdO4LDt22bmrlKr3M0oFckxOyTlxyBWpkltSI3XCyBN5Ia/kzXg23o0P43PaumLMZo7InIyvX8oLozw=</latexit><latexit sha1_base64="3s/aYZa6UGob05oE2VDdFc3DN8c=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCG0siBV0W3LisYi/QlDCZnrRDJxdmTqQlZOWDuHarz+BO3IqP4Fs4vSxs6w8DP/85h3Pm8xPBFdr2t7Gyura+sVnYMrd3dvf2iweHDRWnkkGdxSKWLZ8qEDyCOnIU0Eok0NAX0PQHN+N68xGk4nH0gKMEOiHtRTzgjKKOvOLJ0MtcxagAjDN0EYaYXeROnlUSzHOvWLLL9kTWsnFmpkRmqnnFH7cbszSECJmgSrUdO8FORiVyJiA33VRBQtmA9qCtbURDUJ1s8o3cOtNJ1wpiqV+E1iT9O5HRUKlR6OvOkGJfLdbG4X+1dorBdSfjUZIiRGy6KEiFhbE1ZmJ1uQSGYqQNZZLrWy3Wp5Iy1OTmtkxISRC5aWo2ziKJZdO4LDt22bmrlKr3M0oFckxOyTlxyBWpkltSI3XCyBN5Ia/kzXg23o0P43PaumLMZo7InIyvX8oLozw=</latexit>

xt+1
<latexit sha1_base64="BmIuuUeMztSvch9NdVmRiQddc7s=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCIJRECrosuHFZxV6gKWEyPWmHTi7MnEhLyMoHce1Wn8GduBUfwbdwelnY1h8Gfv5zDufM5yeCK7Ttb2NldW19Y7OwZW7v7O7tFw8OGypOJYM6i0UsWz5VIHgEdeQooJVIoKEvoOkPbsb15iNIxePoAUcJdELai3jAGUUdecWToZe5ilEBGGfoIgwxu8idPKskmOdesWSX7YmsZePMTInMVPOKP243ZmkIETJBlWo7doKdjErkTEBuuqmChLIB7UFb24iGoDrZ5Bu5daaTrhXEUr8IrUn6dyKjoVKj0NedIcW+WqyNw/9q7RSD607GoyRFiNh0UZAKC2NrzMTqcgkMxUgbyiTXt1qsTyVlqMnNbZmQkiBy09RsnEUSy6ZxWXbssnNXKVXvZ5QK5JicknPikCtSJbekRuqEkSfyQl7Jm/FsvBsfxue0dcWYzRyRORlfv8bDozo=</latexit><latexit sha1_base64="BmIuuUeMztSvch9NdVmRiQddc7s=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCIJRECrosuHFZxV6gKWEyPWmHTi7MnEhLyMoHce1Wn8GduBUfwbdwelnY1h8Gfv5zDufM5yeCK7Ttb2NldW19Y7OwZW7v7O7tFw8OGypOJYM6i0UsWz5VIHgEdeQooJVIoKEvoOkPbsb15iNIxePoAUcJdELai3jAGUUdecWToZe5ilEBGGfoIgwxu8idPKskmOdesWSX7YmsZePMTInMVPOKP243ZmkIETJBlWo7doKdjErkTEBuuqmChLIB7UFb24iGoDrZ5Bu5daaTrhXEUr8IrUn6dyKjoVKj0NedIcW+WqyNw/9q7RSD607GoyRFiNh0UZAKC2NrzMTqcgkMxUgbyiTXt1qsTyVlqMnNbZmQkiBy09RsnEUSy6ZxWXbssnNXKVXvZ5QK5JicknPikCtSJbekRuqEkSfyQl7Jm/FsvBsfxue0dcWYzRyRORlfv8bDozo=</latexit><latexit sha1_base64="BmIuuUeMztSvch9NdVmRiQddc7s=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCIJRECrosuHFZxV6gKWEyPWmHTi7MnEhLyMoHce1Wn8GduBUfwbdwelnY1h8Gfv5zDufM5yeCK7Ttb2NldW19Y7OwZW7v7O7tFw8OGypOJYM6i0UsWz5VIHgEdeQooJVIoKEvoOkPbsb15iNIxePoAUcJdELai3jAGUUdecWToZe5ilEBGGfoIgwxu8idPKskmOdesWSX7YmsZePMTInMVPOKP243ZmkIETJBlWo7doKdjErkTEBuuqmChLIB7UFb24iGoDrZ5Bu5daaTrhXEUr8IrUn6dyKjoVKj0NedIcW+WqyNw/9q7RSD607GoyRFiNh0UZAKC2NrzMTqcgkMxUgbyiTXt1qsTyVlqMnNbZmQkiBy09RsnEUSy6ZxWXbssnNXKVXvZ5QK5JicknPikCtSJbekRuqEkSfyQl7Jm/FsvBsfxue0dcWYzRyRORlfv8bDozo=</latexit><latexit sha1_base64="BmIuuUeMztSvch9NdVmRiQddc7s=">AAACHXicbZDLSsNAFIYnXmu8VV2KECyCIJRECrosuHFZxV6gKWEyPWmHTi7MnEhLyMoHce1Wn8GduBUfwbdwelnY1h8Gfv5zDufM5yeCK7Ttb2NldW19Y7OwZW7v7O7tFw8OGypOJYM6i0UsWz5VIHgEdeQooJVIoKEvoOkPbsb15iNIxePoAUcJdELai3jAGUUdecWToZe5ilEBGGfoIgwxu8idPKskmOdesWSX7YmsZePMTInMVPOKP243ZmkIETJBlWo7doKdjErkTEBuuqmChLIB7UFb24iGoDrZ5Bu5daaTrhXEUr8IrUn6dyKjoVKj0NedIcW+WqyNw/9q7RSD607GoyRFiNh0UZAKC2NrzMTqcgkMxUgbyiTXt1qsTyVlqMnNbZmQkiBy09RsnEUSy6ZxWXbssnNXKVXvZ5QK5JicknPikCtSJbekRuqEkSfyQl7Jm/FsvBsfxue0dcWYzRyRORlfv8bDozo=</latexit>

xt<latexit sha1_base64="4tg8Rd8LXVgLPlBUtjGj3EtTK68=">AAACFHicbZDLSsNQEIZPvNZ6i5edm2ARXJVECrosuHFZxV6gDeHkdNoeenLhnIlYQ17DtVt9Bnfi1r2P4Ft4mmZhW38Y+Plnhhk+PxZcoW1/Gyura+sbm6Wt8vbO7t6+eXDYUlEiGTRZJCLZ8akCwUNoIkcBnVgCDXwBbX98Pe23H0AqHoX3OInBDegw5APOKOrIM48fvbSnGBWAUYpZWosxyzyzYlftXNaycQpTIYUanvnT60csCSBEJqhSXceO0U2pRM4EZOVeoiCmbEyH0NU2pAEoN82/z6wznfStQSR1hWjl6d+NlAZKTQJfTwYUR2qxNw3/63UTHFy5KQ/jBCFks0ODRFgYWVMUVp9LYCgm2lAmuf7VYiMqKUMNbO5KDkiCyMplzcZZJLFsWhdVx646t7VK/a6gVCIn5JScE4dckjq5IQ3SJIw8kRfySt6MZ+Pd+DA+Z6MrRrFzROZkfP0CkSqfaw==</latexit><latexit sha1_base64="4tg8Rd8LXVgLPlBUtjGj3EtTK68=">AAACFHicbZDLSsNQEIZPvNZ6i5edm2ARXJVECrosuHFZxV6gDeHkdNoeenLhnIlYQ17DtVt9Bnfi1r2P4Ft4mmZhW38Y+Plnhhk+PxZcoW1/Gyura+sbm6Wt8vbO7t6+eXDYUlEiGTRZJCLZ8akCwUNoIkcBnVgCDXwBbX98Pe23H0AqHoX3OInBDegw5APOKOrIM48fvbSnGBWAUYpZWosxyzyzYlftXNaycQpTIYUanvnT60csCSBEJqhSXceO0U2pRM4EZOVeoiCmbEyH0NU2pAEoN82/z6wznfStQSR1hWjl6d+NlAZKTQJfTwYUR2qxNw3/63UTHFy5KQ/jBCFks0ODRFgYWVMUVp9LYCgm2lAmuf7VYiMqKUMNbO5KDkiCyMplzcZZJLFsWhdVx646t7VK/a6gVCIn5JScE4dckjq5IQ3SJIw8kRfySt6MZ+Pd+DA+Z6MrRrFzROZkfP0CkSqfaw==</latexit><latexit sha1_base64="4tg8Rd8LXVgLPlBUtjGj3EtTK68=">AAACFHicbZDLSsNQEIZPvNZ6i5edm2ARXJVECrosuHFZxV6gDeHkdNoeenLhnIlYQ17DtVt9Bnfi1r2P4Ft4mmZhW38Y+Plnhhk+PxZcoW1/Gyura+sbm6Wt8vbO7t6+eXDYUlEiGTRZJCLZ8akCwUNoIkcBnVgCDXwBbX98Pe23H0AqHoX3OInBDegw5APOKOrIM48fvbSnGBWAUYpZWosxyzyzYlftXNaycQpTIYUanvnT60csCSBEJqhSXceO0U2pRM4EZOVeoiCmbEyH0NU2pAEoN82/z6wznfStQSR1hWjl6d+NlAZKTQJfTwYUR2qxNw3/63UTHFy5KQ/jBCFks0ODRFgYWVMUVp9LYCgm2lAmuf7VYiMqKUMNbO5KDkiCyMplzcZZJLFsWhdVx646t7VK/a6gVCIn5JScE4dckjq5IQ3SJIw8kRfySt6MZ+Pd+DA+Z6MrRrFzROZkfP0CkSqfaw==</latexit><latexit sha1_base64="4tg8Rd8LXVgLPlBUtjGj3EtTK68=">AAACFHicbZDLSsNQEIZPvNZ6i5edm2ARXJVECrosuHFZxV6gDeHkdNoeenLhnIlYQ17DtVt9Bnfi1r2P4Ft4mmZhW38Y+Plnhhk+PxZcoW1/Gyura+sbm6Wt8vbO7t6+eXDYUlEiGTRZJCLZ8akCwUNoIkcBnVgCDXwBbX98Pe23H0AqHoX3OInBDegw5APOKOrIM48fvbSnGBWAUYpZWosxyzyzYlftXNaycQpTIYUanvnT60csCSBEJqhSXceO0U2pRM4EZOVeoiCmbEyH0NU2pAEoN82/z6wznfStQSR1hWjl6d+NlAZKTQJfTwYUR2qxNw3/63UTHFy5KQ/jBCFks0ODRFgYWVMUVp9LYCgm2lAmuf7VYiMqKUMNbO5KDkiCyMplzcZZJLFsWhdVx646t7VK/a6gVCIn5JScE4dckjq5IQ3SJIw8kRfySt6MZ+Pd+DA+Z6MrRrFzROZkfP0CkSqfaw==</latexit>

b)

zt<latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit><latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit><latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit><latexit sha1_base64="c3JkcJNC1xlustv2DSMAyBOhUks=">AAACEnicbZDLSsNQEIZPvNZ6i5edm2ARXJVEBV0W3LisYi/QhnByOmkPPblwzkRoQ97CB3Crj+BO3PoCPoGvYZJmYVt/GPj5Z4YZPjcSXKFpfmsrq2vrG5uVrer2zu7evn5w2FZhLBm0WChC2XWpAsEDaCFHAd1IAvVdAR13fJv3O08gFQ+DR5xEYPt0GHCPM4pZ5OjHUyfpK0YFYJhgmlxGmKaOXjPrZiFj2VilqZFSTUf/6Q9CFvsQIBNUqZ5lRmgnVCJnAtJqP1YQUTamQ+hlNqA+KDspvk+NsywZGF4oswrQKNK/Gwn1lZr4bjbpUxypxV4e/tfrxejd2AkPohghYLNDXiwMDI0chTHgEhiKSWYokzz71WAjKinDDNjclQKQBJGTsRY5LJv2Rd0y69b9Va3xUDKqkBNySs6JRa5Jg9yRJmkRRqbkhbySN+1Ze9c+tM/Z6IpW7hyROWlfv2qqn0w=</latexit>

zt�1<latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit><latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit><latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit><latexit sha1_base64="gB1Mvajr79jRQn9bV2w6wFTRCxo=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBDeWRAVdFty4rGIv0IZwcjptDz25cM5EqDGv4QO41UdwJ27d+wS+hkmahW39YeDnnxlm+NxQcIWm+a2VlpZXVtfK65WNza3tHX13r6WCSDJoskAEsuNSBYL70ESOAjqhBOq5Atru+Drrtx9AKh749zgJwfbo0OcDziimkaMfPDpxTzEqAIMYT60kPg8xSRy9atbMXMaisQpTJYUajv7T6wcs8sBHJqhSXcsM0Y6pRM4EJJVepCCkbEyH0E2tTz1Qdpz/nxjHadI3BoFMy0cjT/9uxNRTauK56aRHcaTme1n4X68b4eDKjrkfRgg+mx4aRMLAwMhgGH0ugaGYpIYyydNfDTaikjJMkc1cyRFJEBkZa57Dommd1SyzZt1eVOt3BaMyOSRH5IRY5JLUyQ1pkCZh5Im8kFfypj1r79qH9jkdLWnFzj6Zkfb1C1k4n74=</latexit>

zt+1
<latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit><latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit><latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit><latexit sha1_base64="gW+c85wnGvHtZBTJSsEU8xxVQSg=">AAACFHicbZDLSsNQEIZP6q3WW1Rw4yZYBEEoiQq6LLhxWcVeoA3h5HTaHnpy4ZyJUGNewwdwq4/gTty69wl8DZM0C9v6w8DPPzPM8Lmh4ApN81srLS2vrK6V1ysbm1vbO/ruXksFkWTQZIEIZMelCgT3oYkcBXRCCdRzBbTd8XXWbz+AVDzw73ESgu3Roc8HnFFMI0c/eHTinmJUAAYxnlpJfB5ikjh61ayZuYxFYxWmSgo1HP2n1w9Y5IGPTFClupYZoh1TiZwJSCq9SEFI2ZgOoZtan3qg7Dj/PzGO06RvDAKZlo9Gnv7diKmn1MRz00mP4kjN97Lwv143wsGVHXM/jBB8Nj00iISBgZHBMPpcAkMxSQ1lkqe/GmxEJWWYIpu5kiOSIDIy1jyHRdM6q1lmzbq9qNbvCkZlckiOyAmxyCWpkxvSIE3CyBN5Ia/kTXvW3rUP7XM6WtKKnX0yI+3rF1X2n7w=</latexit>

Xt
<latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit><latexit sha1_base64="BGSdYtPZxiICmg64rVBOh9PRDVs=">AAACCXicbVBLSgNBFHwTfzH+oi7dNAbBVZgRQZcBNy6jmA8kQ+jpvEma9Hzs7hHCMCfwAG71CO7ErafwBF7DnmQWJrHgQVH1Hq8oLxZcadv+tkpr6xubW+Xtys7u3v5B9fCoraJEMmyxSESy61GFgofY0lwL7MYSaeAJ7HiTm9zvPKFUPAof9DRGN6CjkPucUW0ktx9QPWZUpN1soAfVml23ZyCrxClIDQo0B9Wf/jBiSYChZoIq1XPsWLsplZozgVmlnyiMKZvQEfYMDWmAyk1noTNyZpQh8SNpJtRkpv69SGmg1DTwzGYeUi17ufif10u0f+2mPIwTjSGbP/ITQXRE8gbIkEtkWkwNoUxyk5WwMZWUadPTwhdlmkGJIjPNOMs9rJL2Rd2x687dZa1xX3RUhhM4hXNw4AoacAtNaAGDR3iBV3iznq1368P6nK+WrOLmGBZgff0CkzGbmw==</latexit>

Xt+1
<latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit><latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit><latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit><latexit sha1_base64="jBNBCRl0I5j8vOMd/9Edc6YEUjA=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BEIQwo4IuA25cRjEPyITQ06kkTXoedNcIYZit5/AAbvUI7sStnsBr2JNkYRJ/aPj4q4qq/v1YCo2O820VVlbX1jeKm6Wt7Z3dPXv/oKGjRHGo80hGquUzDVKEUEeBElqxAhb4Epr+6CavNx9BaRGFDziOoROwQSj6gjM0VtemXsBwyJlMW1k39bQhwCjFMzdLL2LMsq5ddirORHQZ3BmUyUy1rv3j9SKeBBAil0zrtuvE2EmZQsElZCUv0RAzPmIDaBsMWQC6k05+ktET4/RoP1LmhUgn7t+JlAVajwPfdOZ368Vabv5XayfYv+6kIowThJBPF/UTSTGieSy0JxRwlGMDjCthbqV8yBTjaMKb2zKJSIHMk3EXc1iGxnnFdSru3WW5ej/LqEiOyDE5JS65IlVyS2qkTjh5Ii/klbxZz9a79WF9TlsL1mzmkMzJ+voFrZqkLA==</latexit>

Xt�1
<latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit><latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit><latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit><latexit sha1_base64="R+xO5R0I81zH4x8bPASEjIG4KFk=">AAACHnicbZBLSgNBEIZ74ivG16hLN41BcGOYUUGXATcuo5gHZELo6VSSJj0PumuEMMzWc3gAt3oEd+JWT+A17EmyMIk/NHz8VUVV/34shUbH+bYKK6tr6xvFzdLW9s7unr1/0NBRojjUeSQj1fKZBilCqKNACa1YAQt8CU1/dJPXm4+gtIjCBxzH0AnYIBR9wRkaq2tTL2A45EymraybetoQYJTimZulFzFmWdcuOxVnIroM7gzKZKZa1/7xehFPAgiRS6Z123Vi7KRMoeASspKXaIgZH7EBtA2GLADdSSc/yeiJcXq0HynzQqQT9+9EygKtx4FvOvO79WItN/+rtRPsX3dSEcYJQsini/qJpBjRPBbaEwo4yrEBxpUwt1I+ZIpxNOHNbZlEpEDmybiLOSxD47ziOhX37rJcvZ9lVCRH5JicEpdckSq5JTVSJ5w8kRfySt6sZ+vd+rA+p60FazZzSOZkff0CsNykLg==</latexit>

K
<latexit sha1_base64="Yq2BnftW9RmSDR5eFgHA/jDZXdc=">AAAB/3icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9BjwInhJxDwgWcLspDcZMju7zMwKYcnBs1f9Bm/i1U/xE/wLJ8keTGJBQ1HVTXdXkAiujet+O2vrG5tb24Wd4u7e/sFh6ei4qeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1Fipft8rld2KOwNZJV5OypCj1iv9dPsxSyOUhgmqdcdzE+NnVBnOBE6K3VRjQtmIDrBjqaQRaj+bHToh51bpkzBWtqQhM/XvREYjrcdRYDsjaoZ62ZuK/3md1IQ3fsZlkhqUbL4oTAUxMZl+TfpcITNibAllittbCRtSRZmx2Sxs0YwKVCgmxaLNxltOYpU0LyueW/HqV+XqQ55SAU7hDC7Ag2uowh3UoAEMEF7gFd6cZ+fd+XA+561rTj5zAgtwvn4ButWWNQ==</latexit><latexit sha1_base64="Yq2BnftW9RmSDR5eFgHA/jDZXdc=">AAAB/3icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9BjwInhJxDwgWcLspDcZMju7zMwKYcnBs1f9Bm/i1U/xE/wLJ8keTGJBQ1HVTXdXkAiujet+O2vrG5tb24Wd4u7e/sFh6ei4qeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1Fipft8rld2KOwNZJV5OypCj1iv9dPsxSyOUhgmqdcdzE+NnVBnOBE6K3VRjQtmIDrBjqaQRaj+bHToh51bpkzBWtqQhM/XvREYjrcdRYDsjaoZ62ZuK/3md1IQ3fsZlkhqUbL4oTAUxMZl+TfpcITNibAllittbCRtSRZmx2Sxs0YwKVCgmxaLNxltOYpU0LyueW/HqV+XqQ55SAU7hDC7Ag2uowh3UoAEMEF7gFd6cZ+fd+XA+561rTj5zAgtwvn4ButWWNQ==</latexit><latexit sha1_base64="Yq2BnftW9RmSDR5eFgHA/jDZXdc=">AAAB/3icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9BjwInhJxDwgWcLspDcZMju7zMwKYcnBs1f9Bm/i1U/xE/wLJ8keTGJBQ1HVTXdXkAiujet+O2vrG5tb24Wd4u7e/sFh6ei4qeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1Fipft8rld2KOwNZJV5OypCj1iv9dPsxSyOUhgmqdcdzE+NnVBnOBE6K3VRjQtmIDrBjqaQRaj+bHToh51bpkzBWtqQhM/XvREYjrcdRYDsjaoZ62ZuK/3md1IQ3fsZlkhqUbL4oTAUxMZl+TfpcITNibAllittbCRtSRZmx2Sxs0YwKVCgmxaLNxltOYpU0LyueW/HqV+XqQ55SAU7hDC7Ag2uowh3UoAEMEF7gFd6cZ+fd+XA+561rTj5zAgtwvn4ButWWNQ==</latexit><latexit sha1_base64="Yq2BnftW9RmSDR5eFgHA/jDZXdc=">AAAB/3icbVDLSgNBEOz1GeMr6tHLYBA8hV0R9BjwInhJxDwgWcLspDcZMju7zMwKYcnBs1f9Bm/i1U/xE/wLJ8keTGJBQ1HVTXdXkAiujet+O2vrG5tb24Wd4u7e/sFh6ei4qeNUMWywWMSqHVCNgktsGG4EthOFNAoEtoLR7dRvPaHSPJaPZpygH9GB5CFn1Fipft8rld2KOwNZJV5OypCj1iv9dPsxSyOUhgmqdcdzE+NnVBnOBE6K3VRjQtmIDrBjqaQRaj+bHToh51bpkzBWtqQhM/XvREYjrcdRYDsjaoZ62ZuK/3md1IQ3fsZlkhqUbL4oTAUxMZl+TfpcITNibAllittbCRtSRZmx2Sxs0YwKVCgmxaLNxltOYpU0LyueW/HqV+XqQ55SAU7hDC7Ag2uowh3UoAEMEF7gFd6cZ+fd+XA+561rTj5zAgtwvn4ButWWNQ==</latexit>

⇥k
<latexit sha1_base64="W4H3wonT6hUTyo7Wora2BEv3H70=">AAACBnicbVDLSgNBEOyNr7i+oh69DAbBU9gVQY8BLx6j5AXJEmYnnWTI7OwyMyuEJXfPXvUbvIlXf8NP8C+cJHswiQUNRVU33V1hIrg2nvftFDY2t7Z3irvu3v7B4VHp+KSp41QxbLBYxKodUo2CS2wYbgS2E4U0CgW2wvHdzG89odI8lnUzSTCI6FDyAWfUWKndrY/Q0N64Vyp7FW8Osk78nJQhR61X+un2Y5ZGKA0TVOuO7yUmyKgynAmcut1UY0LZmA6xY6mkEeogm987JRdW6ZNBrGxJQ+bq34mMRlpPotB2RtSM9Ko3E//zOqkZ3AYZl0lqULLFokEqiInJ7HnS5wqZERNLKFPc3krYiCrKjI1oaYtmVKBCMXVdm42/msQ6aV5VfK/iP1yXq495SkU4g3O4BB9uoAr3UIMGMBDwAq/w5jw7786H87loLTj5zCkswfn6BU5WmUw=</latexit><latexit sha1_base64="W4H3wonT6hUTyo7Wora2BEv3H70=">AAACBnicbVDLSgNBEOyNr7i+oh69DAbBU9gVQY8BLx6j5AXJEmYnnWTI7OwyMyuEJXfPXvUbvIlXf8NP8C+cJHswiQUNRVU33V1hIrg2nvftFDY2t7Z3irvu3v7B4VHp+KSp41QxbLBYxKodUo2CS2wYbgS2E4U0CgW2wvHdzG89odI8lnUzSTCI6FDyAWfUWKndrY/Q0N64Vyp7FW8Osk78nJQhR61X+un2Y5ZGKA0TVOuO7yUmyKgynAmcut1UY0LZmA6xY6mkEeogm987JRdW6ZNBrGxJQ+bq34mMRlpPotB2RtSM9Ko3E//zOqkZ3AYZl0lqULLFokEqiInJ7HnS5wqZERNLKFPc3krYiCrKjI1oaYtmVKBCMXVdm42/msQ6aV5VfK/iP1yXq495SkU4g3O4BB9uoAr3UIMGMBDwAq/w5jw7786H87loLTj5zCkswfn6BU5WmUw=</latexit><latexit sha1_base64="W4H3wonT6hUTyo7Wora2BEv3H70=">AAACBnicbVDLSgNBEOyNr7i+oh69DAbBU9gVQY8BLx6j5AXJEmYnnWTI7OwyMyuEJXfPXvUbvIlXf8NP8C+cJHswiQUNRVU33V1hIrg2nvftFDY2t7Z3irvu3v7B4VHp+KSp41QxbLBYxKodUo2CS2wYbgS2E4U0CgW2wvHdzG89odI8lnUzSTCI6FDyAWfUWKndrY/Q0N64Vyp7FW8Osk78nJQhR61X+un2Y5ZGKA0TVOuO7yUmyKgynAmcut1UY0LZmA6xY6mkEeogm987JRdW6ZNBrGxJQ+bq34mMRlpPotB2RtSM9Ko3E//zOqkZ3AYZl0lqULLFokEqiInJ7HnS5wqZERNLKFPc3krYiCrKjI1oaYtmVKBCMXVdm42/msQ6aV5VfK/iP1yXq495SkU4g3O4BB9uoAr3UIMGMBDwAq/w5jw7786H87loLTj5zCkswfn6BU5WmUw=</latexit><latexit sha1_base64="W4H3wonT6hUTyo7Wora2BEv3H70=">AAACBnicbVDLSgNBEOyNr7i+oh69DAbBU9gVQY8BLx6j5AXJEmYnnWTI7OwyMyuEJXfPXvUbvIlXf8NP8C+cJHswiQUNRVU33V1hIrg2nvftFDY2t7Z3irvu3v7B4VHp+KSp41QxbLBYxKodUo2CS2wYbgS2E4U0CgW2wvHdzG89odI8lnUzSTCI6FDyAWfUWKndrY/Q0N64Vyp7FW8Osk78nJQhR61X+un2Y5ZGKA0TVOuO7yUmyKgynAmcut1UY0LZmA6xY6mkEeogm987JRdW6ZNBrGxJQ+bq34mMRlpPotB2RtSM9Ko3E//zOqkZ3AYZl0lqULLFokEqiInJ7HnS5wqZERNLKFPc3krYiCrKjI1oaYtmVKBCMXVdm42/msQ6aV5VfK/iP1yXq495SkU4g3O4BB9uoAr3UIMGMBDwAq/w5jw7786H87loLTj5zCkswfn6BU5WmUw=</latexit>
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c)

Fig. 2: a) The emission model for an individual subject. The observed variables include the raw
signal over the buffer window, Xt, the derived statistics, mt, et, and the standardized signal X̄t.
gt is a Bernoulli output of the model with the parameters Θ. b) The model with latent temporal
dependencies (emission specifics have been abstracted out.) c) The model with personalization
through the ‘Emission Mixture Model’, at test time.

Table 1: The Generative Model

1. Transition to the latent state, zt+1, conditioned on the previous state, zt
zt+1|zt = T (zt+1, zt)

2. Compute the envelope (et) and rolling mean (mt) using previous Xt
3. Compute the standardized signal X̄t using Xt, et, mt

4. Draw a Bernoulli gt given X̄t and Θ
gt|X̄t,Θ ∼ Bernoulli(f(X̄t,Θ))

5. Select µt from gt
µt = e↑t , if gt = 1, µt = e↓t , if gt = 0

6. Draw xt, given µt as,
xt|, µt, σ ∼ Normal(µt, σ2)
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From the directed acyclic assumptions in Fig. 2 and the generative process as in Table
1 we can write the Conditional Probability under the model as

Pr(xt+1|X̃t,mt, zt+1,Θ) =
∑
gt

Pr(gt|X̃t, zt+1,Θ)Pr(xt+1 +mt|µt, σ2) (1)

4.2. Personalization - An Emission Mixture Model

In the previous section we described a unique Emission Model for each of the K individuals
in our training dataset. At test time however, we observe emissions from a previously
unseen test patient. It is natural to assume that different patients have different underlying
physiologies responsible for heterogeneous cardiovascular function and diverse appearance
in the lens of vital signs. Thus a single individual emission model may not be generalizable
enough to describe the trajectory of a previously unseen patient. We instead hypothesize
that the new patient can be described as a mixture of the previously learnt subject-specific
Emission Models, drawing from the database of historical patients.

Pr(xt+1|X̃t,mt, zt+1 = 0,Θ) =
∑
k

αkPr(k)(xt+1|X̃t,mt, zt+1 = 0,Θk) (2)

α̂ = arg maxα
[ ∏
xt+1∈Xt

Pr(xt+1|X̃t,mt, zt+1 = 0,Θ)
]

s.t.
∑
k

α = 1 (3)

In order to obtain the counterfactual emission model, or the model corresponding to the
bleeding phase, we can simply fix the mixture parameters and replace the Emission Models
with their respective counterfactuals corresponding to the bleeding phase.

Pr(xt+1|X̃t,mt, zt = 1,Θ) =
∑
k

α̂kPr(k)(xt+1|X̃t,mt, zt = 1,Θk) (4)

Greedy Selection. To compare how personalization impacts performance of the model,
we compare it to a greedy selection strategy where, instead of a weighted average of the
individual emission models we instead select one model from the K trained models that best
describes the held-out unseen subject at test time. Results corresponding to this strategy
are hereafter referred to as RaDeOH-G.

4.3. Learning

Note there are two learning phases in our framework. The first involves learning the emission
model parameters for each individual in the dataset. The second phase involves on-the-fly
learning of the mixing components at test time.
Emission Model Parameters, Θ. We train a separate autoregressive models, Pr(xt+1|X̃t,mt, zt,Θ)
for each individual subject in the training dataset. Notice from Eq. 1 that the loss corre-
sponding to the modeling assumption may be written as:

``(Θ;xt+1) = log
∑

gt∈{0,1}

Pr(gt|X̃t, zt)Pr(xt+1|µt + et, σ
2, gt) (5)
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For pragmatic reasons, we use the following form of the loss for a single observation:

NLL(Θ;xt+1) = − log
∑

gt∈{0,1}

exp

(
Log-Sigmoid (gt)(X̄t,Θ,f)− ||xt+1 − (mt + e

(k)
t )||2

σ2

)
, σ2 = 1

(6)

Here f is a potentially nonlinear function that operates on the input, X̂t, with the parameter
set Θ. The summation outside is made numerically stable using the log-sum-exp trick. For
the purposes of this paper, for f we experiment with both linear functions and 1- and
2-hidden-layer Multilayer Perceptrons with ReLU activations. We train these models via
backpropagation using the popular first order optimizer, Adam (Kingma and Ba, 2014) over
the entire dataset as NLL(Θ;D) =

∑
x∈D

NLL(Θ;x).

We fit separate models for the stable and bleeding phases, and choose the set which gives
the best discriminative performance in terms of Area under Receiver Ooperating Character-
istic Curve for a held out set of observations randomly sampled from each individual in the
training set.

Mixing Parameters, α. The second set of parameters to be learnt are the mixture
weights in order to personalize the model to the unseen subject at test time. As mentioned
previously, this personalization is carried out only on the first 10 seconds of observations
corresponding to the buffer window Xt. The mixing parameters are a simplex that sum
to one, a constraint we incorporate by using a softmax over the mixing weights. Thus the
optimization objective for Eq. 3 can be written as:

P-Loss(α;xt+1) = − log
∑
k

exp

(
Log-Softmax k(α)−NLL(Θ;xt+1)

)
(7)

Here, k represents an indiviudal subject in the dataset. We minimize this objective over the
buffer window at test time, P-Loss(α;D) =

∑
x∈Xt

P-Loss(α;x). Similar to other parameters,

we train these weights using Adam over a fixed number of epochs.

4.4. Inference

At test time, we are interested in inferring zt given the past history of observations {x1, x2, ..., xt}
and the learnt model parameters, Θ. In this section, we demonstrate that even with the
conditionals on the observation on the previous timesteps, inference is similar to the filtering
process in standard Hidden Markov Models or more commonly, the forwards algorithm.

For notational simplicity we denote the observed sequence as x1:t. We emphasize that
we are primarily interested in the conditional distribution P (zt|x1:t).

The joint P (z1, X1|Θ) is P (X1|z1,Θ)P (z1|Θ), but from the directed acyclic assumptions
encoded in the model, z1 ⊥⊥ Θ, this simplifies to α(z1) = P (X1|z1,Θ)P (z1). Now from Bayes
Theorem, the posterior probability is given by,

Pr(z1|x1,Θ) =
Pr(x1|z1,Θ)Pr(z1)∫
z1
Pr(x1|z1,Θ)Pr(z1)

. (8)
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Note that Pr(z1) is a prior, and in the simplest case it can be assumed uninformative,
i.e. uniform. Pr(X1|z1,Θ) can be computed using the fitted models, Pr(x1|z1 = 1,Θ) and
Pr(x1|z1 = 0,Θ).

Let us now consider the case, where we want to infer z2 given {x1, x2}. Note that the
joint distribution is:

γ(z2) = Pr(z2, x1, x2|Θ) = Pr(x2|z2, x1,Θ)Pr(z2, x1|Θ). (9)

We can rewrite Pr(z2, x1|Θ) as,
∫
z1
Pr(z2, x1|z1,Θ)Pr(z1|Θ) Note that z2 ⊥⊥ x1, |z1,Θ, thus,

Eq. 9 can be rewritten as:

γ(z2) = Pr(z2, x1, x2|Θ) = Pr(x2|z2, x1,Θ)

∫
z1

Pr(z2|z1)Pr(x1|z1,Θ)dz1. (10)

Here, P (z2|z1) are the transition probabilities. Note that from this we can derive the familiar
recurrence relations corresponding to the forwards algorithm for HMMs as:

γ(zt) = Pr(zt, x1:t|Θ) = Pr(xt|zt, xt−1,Θ)

∫
zt−1

Pr(zt|zt−1)γ(zt−1)dzt−1. (11)

Now, proceeding as in Eq. 8, we can get Pr(zt|x1:t,Θ) using a definition of the conditional:

Pr(zt|x1:t,Θ) =
Pr(x1:t, zt|Θ)∫

zt
Pr(x1:t, zt|Θ)dzt

. (12)

The transition matrix Pr(zt|zt−1) that governs the probability of transition from one
state to another is a 2 × 2 matrix. For practical implementation, we do not learn the
transition matrix, but instead fix it to be symmetric, with the probability of transition from
stable to bleeding being a hyperparameter, τ , and the probability of the reverse transition
being (1 − τ) ensuring the row marginals of the transition matrix sum to one. τ is tuned
during cross validation.

5. Baselines

We compare RaDeOH against two types of discriminative models that we describe as High
Frequency and Low Frequency based on the temporal features used to train these baselines.

5.1. High Frequency Reference Models

The High Frequency (HF) models rely on the same set of autoregressive features as RaDeOH.
Similar to RaDeOH, these models are trained on CVP data downsampled to 50Hz and stan-
dardized using the buffer window. We train a separate model for each of the subjects in
our training data and tune hyper-parameters for each individual model on a held-out set of
observations from the same subject. At the test time, we ensemble the outputs from each
individual model to obtain predictions for the held-out subjects. We choose Logistic Regres-
sion (LR), Random Forest (RF), and Multilayer Perceptron (MLP) as the HF classifiers.
The hyperparameters tuned for each of these model types are shown in the Appendix.
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5.2. Low Frequency Reference Models

As mentioned in Section 1, the visible physiological indicators often used by clinicians to
diagnose or monitor hemorrhage in current practice, such as decreased blood pressure, grad-
ually emerge as the bleeding proceeds. Compared to the autoregressive features that can
reflect the instantaneous changes in the waveforms used in HF models, these gradual trends
change at much lower rates. We represent these low frequency (LF) trends of CVP with
the moving linear slopes of the signal moving average and envelope, derived by fitting the
least-squares linear regressions to the trailing time windows of 60 and 120 seconds at each
time step. These are the features used to train Logistic Regression models, referred to as
’LF-60’ and ’LF-120’ in later sections, to mimic the performance attainable by human clin-
icians in current practice. For the LF models, we concatenate linear slopes of all subjects
in the training set to train a single model, and use it to predict the held-out subject at the
test time.

6. Results

We evaluate the models in a Leave-One-Subject-Out-Cross-Validation (LOSOCV) protocol.
For RaDeOH and the HF baselines, we test the model on an individual held-out subject
and average these predictions over all the models, and for LF baselines, we train a single
model in each iteration in LOSOCV and obtain predictions for the held-out subject. We
report the averaged Activity Monitoring Operator Characteristic (AMOC) (Fawcett et al.,
1999; Jiang et al., 2009) that report the False Positive Rate (FPR) as a fucntion of the Time
to First True Detection (T2FD), to demonstrate the tradeoffs between latency of detection
and predictive error rates. We define the first ‘True Detection’, as the amount of time from
the onset of hemorrhage that the model triggers alarms at the minimum frequency of 5Hz
(10% duty cycle of the sampling frequency) sustained over a duration of at least 2 seconds
(Fig. 3).

For each of the individual Activity Monitoring Operating Characteristic (AMOC) curves,
we may sometimes run into a scenario that below a certain threshold of classifier sensitivity,
the false positive rate (FPR) does not fall for higher times to detection, making averaging
over these thresholds difficult. Since we perform filtering during inference, RaDeOH is
more prone to this condition arising out of numerical challenges as opposed to the baselines.
In order to mitigate these effects, for all such lower thresholds the FPR is extrapolated to
the FPR at the next higher threshold at which the FPR is well defined. This strategy is
pessimistic and we would like to point out that it favors the baseline models more than our
proposed approach, ensuring a conservative comparison.

For completeness, we also report the True Positive Rates (TPR) at those thresholds and
the Receiver Operating Characteristic (ROC) diagrams in Fig. 4 at different horizons of 5,
10, 15 and 30 minutes into bleeding. However, we maintain that the model selection for
the applications where timeliness of detection is the key driving factor, the AMOC provides
a more immediately relevant assessment than ROC. While the LF-60, LF-120 seem to
have higher recall rates as compared to RaDeOH, high FPRs for these models reduce their
practical utility.
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Model Time to First True Detection (sec)
FPR=1× 10−5 FPR=1× 10−4 FPR=1× 10−3 FPR=1× 10−2 FPR=1× 10−1

LF-60 742.3± 126.3 742.2± 126.2 741.5± 126.2 746.2± 134.7 199.9± 85.1
LF-120 728.5± 139.0 728.4± 139.0 691.6± 143.1 560.7± 139.3 132.6± 72.2

LR 1050.6± 72.9 826.7± 100.3 870.6± 119.4 242.0± 65.9 1.4± 0.6
RF 727.3± 109.7 633.8± 97.2 279.8± 42.0 91.4± 20.00 1.6± 0.6
MLP 806.5± 104.8 617.9± 92.1 331.9± 60.6 78.3± 16.7 1.0± 0.4

RaDeOH-G No Detection 1651.2± 0.0 1114.1± 146.9 453.6± 106.0 37.2± 21.41
RaDeOH-P 304.5± 60.1 284.0± 68.9 210.7± 50.4 117.2± 34.3 39.5± 18.9

Model True Positive Rates
FPR=1× 10−5 FPR=1× 10−4 FPR=1× 10−3 FPR=1× 10−2 FPR=1× 10−1

LF-60 1.54× 10−2.0 ± 0.0 1.56× 10−2.0 ± 0.0 1.68× 10−2.0 ± 0.01 2.82× 10−2.0 ± 0.01 2.25× 10−1.0 ± 0.04
LF-120 8.78× 10−2.0 ± 0.04 8.84× 10−2.0 ± 0.04 9.03× 10−2.0 ± 0.04 1.16× 10−1.0 ± 0.05 4.29× 10−1.0 ± 0.07

LR 7.54× 10−4.0 ± 0.0 1.61× 10−3.0 ± 0.0 9.49× 10−3.0 ± 0.0 5.37× 10−2.0 ± 0.01 2.05× 10−1.0 ± 0.01
RF 5.07× 10−2.0 ± 0.01 6.84× 10−2.0 ± 0.02 1.41× 10−1.0 ± 0.02 2.69× 10−1.0 ± 0.03 5.25× 10−1.0 ± 0.03
MLP 2.69× 10−2.0 ± 0.01 4.98× 10−2.0 ± 0.01 1.54× 10−1.0 ± 0.02 3.22× 10−1.0 ± 0.03 5.67× 10−1.0 ± 0.03

RaDeOH-G 2.49× 10−5.0 ± 0.0 1.53× 10−4.0 ± 0.0 1.08× 10−3.0 ± 0.0 2.77× 10−2.0 ± 0.02 1.57× 10−1.0 ± 0.05
RaDeOH-P 2.82× 10−1.0 ± 0.07 2.99× 10−1.0 ± 0.07 3.4× 10−1.0 ± 0.07 4.22× 10−1.0 ± 0.07 5.91× 10−1.0 ± 0.07

Fig. 3: The Activity Monitoring Operating Characteristic for RaDeOH compared to the
baselines. RaDeOH considerably outperforms the baselines within the first 5 minutes
from the onset of bleeding. False positive rates decrease with the amount of time allowed
to make the determination, and for RaDeOH, they are below 1% within the first two
minutes and drop to 0.1% within about another minute from the onset of bleeding.
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15 min post onset
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30 min post onset
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Model TPR at FPR = 1× 10−3

5 min post onset 10 min post onset 15 min post onset 30 min post onset
LF60 0.022± 0.02 0.020± 0.01 0.020± 0.01 0.017± 0.01
LF120 0.096± 0.05 0.104± 0.05 0.107± 0.05 0.090± 0.04

LR 0.002± 0.00 0.003± 0.00 0.004± 0.00 0.009± 0.00
RF 0.016± 0.00 0.035± 0.01 0.050± 0.01 0.141± 0.02
MLP 0.017± 0.01 0.037± 0.01 0.061± 0.01 0.154± 0.02

RaDeOH-P 0.110± 0.04 0.201± 0.06 0.250± 0.07 0.340± 0.07

Model TPR at FPR = 1× 10−2

5 min post onset 10 min post onset 15 min post onset 30 min post onset
LF-60 0.038± 0.03 0.034± 0.02 0.034± 0.01 0.028± 0.01
LF-120 0.127± 0.06 0.139± 0.06 0.133± 0.05 0.116± 0.05

LR 0.026± 0.00 0.032± 0.00 0.037± 0.00 0.054± 0.01
RF 0.060± 0.01 0.103± 0.02 0.140± 0.02 0.269± 0.03
MLP 0.074± 0.02 0.138± 0.02 0.194± 0.02 0.322± 0.03

RaDeOH-P 0.197± 0.06 0.283± 0.07 0.334± 0.07 0.422± 0.07

Model Area Under ROC Curve
5 min post onset 10 min post onset 15 min post onset 30 min post onset

LF-60 0.739± 0.02 0.725± 0.02 0.700± 0.02 0.749± 0.03
LF-120 0.821± 0.02 0.813± 0.02 0.788± 0.02 0.815± 0.03

LR 0.528± 0.00 0.530± 0.00 0.530± 0.00 0.524± 0.00
RF 0.717± 0.02 0.752± 0.02 0.797± 0.02 0.661± 0.02
MLP 0.741± 0.02 0.773± 0.02 0.803± 0.02 0.688± 0.02

RaDeOH-P 0.765± 0.03 0.787± 0.03 0.806± 0.04 0.721± 0.04

Fig. 4: ROC curves comparing the performance of RaDeOH versus the HF and LF Base-
lines at different horizons of the onset of bleeding.
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7. Conclusion

We proposed a novel approach for rapid detection of hemorrhage using Central Venous
Pressure waveform data that leverages only the instantaneous physiological characteristics
of patients. Compared to previous work in hemorrhage detection, our method does not
require normalization with the patients’ stable status data as personal reference, or require a
period long enough for the commonly used physiological indicators of hemorrhage to become
humanly noticeable for assessment. With only short time window of CVP observation,
our method outperforms popular discriminative classifiers including Logistic Regression,
Random Forest and Multilayer Perceptron trained on the same set of autoregressive features,
in terms of time to detection (as shown in AMOC data) and overall discriminative power
(as shown in ROC data) during early stages of bleeding, i.e. the initial few minutes from the
onset of hemorrhage. By alleviating the need for stable reference data of each subject, our
method is particularly applicable to monitoring emergency and trauma patients or patients
undergoing unscheduled surgeries for whom such reference data may not be immediately
available. These characteristics of RaDeOH could improve clinical practice by timely and
reliably informing medical personnel of emerging health crises that can be discerned from
routinely collected high frequency bedside monitoring data, in all monitored patients.

Our current work has several limitations that can be overcome with additional research.
Currently, we only utilize the Central Venous Pressure (CVP) waveform data. One obvious
next step is to incorporate other vital signs available in clinical or field care settings, including
both non-invasively collected data such as Plethysmography, and the invasive measurements
such as Arterial Blood Pressure. Our prior research into parsimony of hemodynamic data
indicated potential benefits from including such additional data whenever available (Wertz
et al., 2019). For practical applicability, it would be desirable to devise models that could
pragmatically use whatever data that is being instantaneously available, even a small subset
of generally measurable vital signs, e.g. due to limited access to some means of hemodynamic
monitoring in the field, or due to limitations of the patient’s health status. The proposed
graphical model formulation could allow incorporating incomplete data with minor exten-
sions, making the method applicable in a wider range of health care settings. We also
consider extending the model to identify other physiological states of clinical importance
such as the emergence of sepsis or hemorrhagic shock (in our data, some subjects developed
hemorrhagic shock in the course of bleeding and required aggressive resuscitation). Another
direction of possible future development is to enable simultaneous prediction of multiple
types of conditions. Such multi-tasking approach would be particularly useful for rapid dis-
ambiguation among conditions that may initially present with similar symptoms but require
different therapies, such as e.g. hypotension due to hypovolemia vs. endotoxic shock.
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Appendix A

The hyperparameters tuned for each of the High Frequency (HF) baseline models are listed
in the table below.

Table 2: Each classifier is tuned with all combinations of hyperparameters, and the set of
hyperparameters that achieves the best AUC on the held-out set of each subject is chosen
to fit the best model.

Model parameters values

LR Penalty l1, l2
C (inverse of regularization strength) 10−3, 10−2, 10−1, 1, 10, 102

RF Number of trees 10, 20, 50
Maximum depth of the trees 3, 5, 10

MLP
Number of hidden layers 1, 2

Number of nodes in hidden layer 1 30
Number of nodes in hidden layer 2 20
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